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An integral quadratic form is called classic or nonclassic according as 
its matrix is integral or not. The least determinant of a classic positive 
n-ary form is 1, and there is only one class of such forms up to n = 7; 
two, but each in a genus of one class when n = 8. The least determinant 
of a nonclassic positive n-ary form is k/2”, where k = 1 if n = 0 mod 8, 
k=2ifnr&lmod8,k=3ifn-f2mod8,andk=4ifn-&3 
or 4 mod 8; and up to n = 10 (but not beyond) there is only one class at 
this lowest level. It would be interesting to know, at least up to n = 8, 
what happens for each order of positive forms with determinant less than 
or equal to 1. As an example, each of the orders with n = 8 of importance 
in connection with factorization in the Cayley rings containing the naive 
ring as a subring consist of one class (their determinants are l/4, l/16, 
l/64, and l/256). It is easy to show that nonclassic forms of determinant 1 
exist if n > 4; one such class if n = 4, four if n = 5. For n = 4 and 5, 
each such form is in a genus of one class. For n = 3,4, 5, the positive 
integral forms of determinant 1/2h are always in a genus of one class. The 
even form of determinant 1 with n = 8 can be given the following matrix: 
0 1 1 1 
where v= 
The matrix M, has an interesting property as follows. Delete the first row 
and column of MB to get a matrix M, , the last row and column of M7 to 
get a matrix MB , the first of M8 to get M5, and so on, alternating first and 
last. Letf, denote the form of matrix (l/2) M,, (n = I,..., 8). Thenf, has 
the least determinant of all integral positive n-ary forms, and is the minimal 
form (n = l,..., 8). 
